Abstract. We extend Markov's, Bernsteins's, and Videnskii's inequalities to arbitrary subsets of [−1, 1] and [−π, π], respectively.
However, Theorem 2 of this note shows that the answer to the above question is negative, in fact, it gives slightly more. In addition, our Theorem 1 answers the corresponding question for trigonometric polynomials. Though our results cannot be used for Totik's original purpose, our proofs illustrate well, how Remez-type inequalities can be used in proving various other polynomial inequalities.
In this note we prove the following pair of theorems.
There is an absolute constant c 1 > 0 such that
for every real trigonometric polynomial p of degree at most n and for every subinterval I of A with length at least La. The key to the proof of Theorem 1 is a Remez-type inequality [2] proved recently for trigonometric polynomials, while the proof of Theorem 2 relies on Theorem 1.
Proof of Theorem 1. Denote by T n the set of all trigonometric polynomials of degree at most n with real coefficients. If π/2 ≤ a ≤ 2π, then the theorem follows from an extension [1, Theorem 5] of an inequality of Videnskii [6] . Therefore, in the sequel we assume that 0 < a < π/2. Let I be a subinterval of A such that m(I) ≥ La and π ∈ I. It is sufficient to prove that there is an absolute constant c 1 > 0 such that
for every p ∈ T n . Let T n be the Chebyshev polynomial of degree n given by
and let
A simple calculation shows that
and there is an absolute constant c 3 > 0 such that
Let p ∈ T n be such that Observe that (6) -(11) imply
where
Note that E is an interval of the period with length 2π−La/2, and π ∈ E. Therefore an extension [1, Theorem 5] of an inequality of Videnskii [6] , 0 < L ≤ 1 and (8) yield that there are absolute constants c 5 > 0 and c 1 > 0 such that
Recalling ( 
with a suitable absolute constant c 8 > 0. Also, (16) - (19) and I ⊂ [0, 1] imply that
for every t ∈Ĩ with a suitable absolute constant c 9 > 0. Since every x ∈ I is of the form x = y(t) with some t ∈Ĩ, (23) and (24) imply that 
A similar example can be given in the trigonometric case.
